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e “in disguise”

ln 10 = 2,302585092994045684017… =
1

log10 𝑒

1

ln 10
= 0.43429448190325182765… = log10 𝑒



John Napier, 
Mirifici logarithmorum canonis constructio, 1619, 32 
(table by William Oughtred)



Jost Bürgi, 
Aritmetische und 
Geometrische 
Progress Tabulen, 
1620

Denis Roegel: Bürgi’s
“Progress Tabulen” 
(1620): logarithmic
tables without
logarithms, 2010 (last 
updated: 10 January
2013)
https://locomat.loria.fr/
buergi1620/buergi1620
doc.pdf

https://locomat.loria.fr/buergi1620/buergi1620doc.pdf
https://locomat.loria.fr/buergi1620/buergi1620doc.pdf
https://locomat.loria.fr/buergi1620/buergi1620doc.pdf


Johannes Kepler, 
Chilias Logarithmorum, 
1624



Henry Briggs, 
Arithmetica Logarithmica, 1624, 11

https://books.google.de/books?id=-XR-2oDEb9oC&hl=de

https://books.google.de/books?id=-XR-2oDEb9oC&hl=de


Isaac Newton, 
De methodis serierum 
et fluxionum, 1670/1

English translation printed in 1736:

https://books.google.de/books?id=WyQOAAAAQAAJ&hl=de

https://books.google.de/books?id=WyQOAAAAQAAJ&hl=de


Christiaan Huygens, 
De la cause de la 
pesanteur, 1690

http://diglib.hab.de/drucke/nc-534/start.htm?image=00195

http://diglib.hab.de/drucke/nc-534/start.htm?image=00195


e in approximation

𝑒 =2.7182818…



Jacob Bernoulli, 
Quaestiones nonnullae 
de usuris, cum solutione 
problematis de sorte 
alearum, 
ACTA ERUDITORUM, 1690, 
219-223

https://books.google.de/books?id=nVcg2IyNRsAC&hl=de&redir_esc=y

https://books.google.de/books?id=nVcg2IyNRsAC&hl=de&redir_esc=y


Gottfried Wilhelm Leibniz to Rudolf Christian von 
Bodenhausen, 12/22 June 1691 

Michael Raugh, Siegmund Probst, The Leibniz catenary and approximation of e — an analysis of his unpublished 
calculations, Historia Mathematica, Volume 49, 2019, 1-19, https://doi.org/10.1016/j.hm.2019.06.001

https://doi.org/10.1016/j.hm.2019.06.001


The base of the natural logarithm

1 + 𝑛 and 𝑏 come first



Copy of Isaac Newton’s “Epistola prior” (13/23 June 
1676), sent to Gottfried Wilhelm Leibniz by Henry 
Oldenburg (26 July / 5 August 1676)



Gottfried Wilhelm Leibniz, letter to Henry 
Oldenburg (draft), August 27, 1676



Gottfried Wilhelm Leibniz to Christiaan Huygens, 
January 27 / (February 6) 1691 (draft letter)



Gottfried Wilhelm Leibniz to Christiaan 
Huygens, January 27 / (February 6) 1691

And all I wish for the perfection of Geometry is to be able to reduce the other transcendental 
expressions to Exponentials. I do not therefore divide the Transcendental curves into 
Exponentials and non-exponentials, (as it seems you have taken it) but their expressions. For one 
and the same curve can receive the three expressions I have just mentioned, for example the 
above-mentioned curve […] that is to say, the curve whose abscissae are v and whose ordinates 

are t can be expressed serially by 𝑡 =
1

1
𝑣 +

1

3
𝑣3 +

1

5
𝑣5 etc. And differentially by 𝑡 = 

𝑑𝑣

1−𝑣𝑣
,  and 

finally exponentially by 𝑏
𝑡

. =
1+𝑣

1−𝑣
[,]* which means that 

1+𝑣

1−𝑣
being like numbers, t are like 

logarithms; b being a constant quantity[,] whose logarithm is 1; and the logarithm of 1 being 0.

Translated with www.DeepL.com/Translator (free version)

* Remark by Hans Fischer: In fact, 𝑏
2𝑡

. =
1+𝑣

1−𝑣
.



Excerpt from: The Enigmatic Number e
Sarah Glaz (University of Connecticut), "The Enigmatic Number [i]e:[/i] A History in 
Verse and Its Uses in the Mathematics Classroom - The Annotated Poem," 
Convergence (November 2010), DOI:10.4169/loci003482

The Enigmatic Number e 
by Sarah Glaz

It ambushed Napier at Gartness,
like a swashbuckling pirate
leaping from the base.
He felt its power, but never realized its nature.
e's first appearance in disguise—a tabular array
of values of ln, was logged in an appendix
to Napier's posthumous publication.
Oughtred, inventor of the circular slide rule,
still ignorant of e's true role,
performed the calculations.

A hundred thirteen years the hit and run goes on.
There and not there—elusive e,
escape artist and trickster,
weaves in and out of minds and computations:
Saint-Vincent caught a glimpse of it under rectangular 
hyperbolas;
Huygens mistook its rising trace for logarithmic curve;
Nicolaus Mercator described its log as natural
without accounting for its base;
Jacob Bernoulli, compounding interest continuously,
came close, yet failed to recognize its face;
and Leibniz grasped it hiding in the maze of calculus,
natural basis for comprehending change—but
misidentified as b.



Thank you!
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